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Abstract—Recent advancements of 3D computer graphics
hardware systems have made possible the handling of 3D
volumetric data, and the amount of the available data has
increased for various scientific fields. This paper proposes a
pattern feature extraction method for 3D volumetric data. Pattern
features are important for systems which require segmentation
and classification. In this paper, the Laws texture energy approach
is extended so that both 2D image data and 3D volumetric data
can be handled. The Laws texture energy approach is a powerful
technique for describing pattern features of 2D texture images,
and it has been applied to various software applications. Our
extension of the Laws texture energy approach enables direct
extractions of pattern features from 3D volumetric data. Although
the three dimensional extension increases the number of pattern
features, the pattern features are reduced by combining similar
pattern features. Our simulation software program attempts
to reduce the number of shape features. The program rotates
each feature along the x, y and z axes. The rotated features
are evaluated if they are identical to other features, and the
identical features are combined together to reduce the number
of pattern features. For the experiments, artificially synthesized
3D solid textures are analyzed by using the 3D extended Laws
features, and solid textures are classified by linear discriminant
analysis (LDA). Our preliminary experiments show that the
three dimensional extension of the Laws texture energy approach
successfully classifies a certain database of 3D volumetric data.

Index Terms—3D Volume Data, Voxel, Laws’ Mask, Convolu-
tion, Solid Texture, Mask, Filter, Segmentation

I. INTRODUCTION

Recent advancements in computer graphics technology have
made possible the visualization of 3D volumetric data. A large
number of 3D volumetric data are available and are used
for various scientific fields. It is very important that software
systems can search and classify the volumetric data efficiently.
Extractions of pattern features from volumetric data are impor-
tant, because pattern features are used for indices of databases
and are essential for classifications and segmentations.

Various approaches have been proposed for analyzing pat-
tern features of 2D images [1] [2] [3] [4]. The approaches
include edge frequency, run length encoding , wavelet, co-
occurrence matrices , Fourier analysis , and autocorrelation
. Recently, pattern feature extraction techniques for 3D vol-
umetric data have been proposed which include extension
of run-length encoding [5], GLCM (gray level co-occurrence
matrices) [6] [7] [8] [9] and HLAC (Higher Order Local
Autocorrelations) [10][11]. These originated from traditional
2D image analysis methods, but they are different in that they

can handle 3D volumetric data. Although conversion of 3D
volumetric data into multiple 2D images makes it possible
to extract pattern features by traditional 2D image analysis
methods, the conversion process is occasionally inefficient
and sometimes results in loss of accuracy of pattern features.
In contrast, these recently introduced 3D extended methods
directly extract pattern features from 3D volumetric data
without slicing into 2D images. In this research, we extend the
Laws texture energy approach which is one of the efficient 2D
texture analysis techniques. Our extension of the Laws texture
energy approach enables extractions of pattern features from
3D volumetric data.

II. TEXTURE ENERGY MEASURES

This section describes (1) Laws’ texture energy measures,
(2) convolution computation, (3) combination of similar fea-
tures and (4) linear discriminant analysis.

A. Laws’ Texture Energy Measures

The texture energy approach was proposed by K. I. Laws in
1979, and the approach has been used for various applications.
Details of the approach can be found in many papers [12] [13].
The approach uses basic convolution kernels, and the kernels
are applied to target 2D images.

Laws’ one-dimensional convolution kernels of a length of
three are as follows:

L3 = (1, 2, 1)
E3 = (−1, 0, 1)
S3 = (−1, 2,−1)

These labels stand for Level, Edge, and Spot. The lengths
of the kernels can be extended by convolving the pairs of these
kernels. For example, if these three kernels are convolved, five
new kernels of a length of five are obtained:

L5 = (1, 4, 6, 4, 1)
E5 = (−1,−2, 0, 2, 1)
S5 = (−1, 0, 2, 0,−1)
R5 = (1,−4, 6,−4, 1)
W5 = (−1, 2, 0,−2, 1)

By extending the lengths of the kernels, new kernels re-
ferred to as Ripple and Wave are obtained. For analyzing
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the 2D images, these sets of one-dimensional kernels are
multiplied to obtain the two dimensional kernels. For the
kernels of a length of three, there are 9 two dimensional kernels
(3×3):

E3E3 E3L3 E3S3
L3E3 L3L3 L3S3
S3E3 S3L3 S3S3

From the kernels of a length of five, 25 two dimensional
kernels (5×5) are obtained:

L5L5 L5E5 L5S5 L5R5 L5W5
E5L5 E5E5 E5S5 E5R5 E5W5
S5L5 S5E5 S5S5 S5R5 S5W5
R5L5 R5E5 R5S5 R5R5 R5W5
W5L5 W5E5 W5S5 W5R5 W5W5

All the kernels except for ’L3L3’ and ’L5L5’ are zero-
sum kernels. These two special kernels are used for computing
’contrast’ features of images, and are treated differently from
other kernels.

E3E3E3 E3E3L3 E3E3S3
E3L3E3 E3L3L3 E3L3S3
E3S3E3 E3S3L3 E3S3S3
L3E3E3 L3E3L3 L3E3S3
L3L3E3 L3L3L3 L3L3S3
L3S3E3 L3S3L3 L3S3S3
S3E3E3 S3E3L3 S3E3S3
S3L3E3 S3L3L3 S3L3S3
S3S3E3 S3S3L3 S3S3S3

Fig. 1. Three dimensional Laws texture energy kernels (3×3×3).

For our experiments, 3D volumetric data are analyzed.
Although the 3D volumetric data can be analyzed by using
two dimensional kernels, these data have to be sliced into
sequences of multiple 2D images. The slicing processes can
require a considerable amount of time and can cause a loss of
feature information. Therefore, in our experiments, two dimen-
sional kernels are extended to three dimensional kernels. The
use of the three dimensional kernels allows direct extraction of
the shape features. The kernels of a length of three contain 27
(3×3×3) elements, and the kernels of a length of five contain
125 (5×5×5) elements as shown in Figures 1 and 2.

Most 2D image analysis applications for the Laws energy
approach use kernels of lengths of three (3×3) and five
(5×5). A kernel length can be stretched, for example, to
7×7, 9×9, 11×11 and so forth, when one-dimensional kernels
are convolved repeatedly. The choice of appropriate lengths
of kernels depends on applications and the target image to
be analyzed. By changing the kernel sizes, pattern features
extracted from images vary. For instance, small size kernels
can better capture local area patterns compared to large size
kernels. The use of large kernels allows the systems to capture
coarse patterns from images.

L5L5L5 L5L5E5 L5L5S5 L5L5R5
L5L5W5 L5E5L5 L5E5E5 L5E5S5
L5E5R5 L5E5W5 L5S5L5 L5S5E5
L5S5S5 L5S5R5 L5S5W5 L5R5L5
L5R5E5 L5R5S5 L5R5R5 L5R5W5
L5W5L5 L5W5E5 L5W5S5 L5W5R5
L5W5W5 E5L5L5 E5L5E5 E5L5S5
E5L5R5 E5L5W5 E5E5L5 E5E5E5
E5E5S5 E5E5R5 E5E5W5 E5S5L5
E5S5E5 E5S5S5 E5S5R5 E5S5W5
E5R5L5 E5R5E5 E5R5S5 E5R5R5
E5R5W5 E5W5L5 E5W5E5 E5W5S5
E5W5R5 E5W5W5 S5L5L5 S5L5E5
S5L5S5 S5L5R5 S5L5W5 S5E5L5
S5E5E5 S5E5S5 S5E5R5 S5E5W5
S5S5L5 S5S5E5 S5S5S5 S5S5R5
S5S5W5 S5R5L5 S5R5E5 S5R5S5
S5R5R5 S5R5W5 S5W5L5 S5W5E5
S5W5S5 S5W5R5 S5W5W5 R5L5L5
R5L5E5 R5L5S5 R5L5R5 R5L5W5
R5E5L5 R5E5E5 R5E5S5 R5E5R5
R5E5W5 R5S5L5 R5S5E5 R5S5S5
R5S5R5 R5S5W5 R5R5L5 R5R5E5
R5R5S5 R5R5R5 R5R5W5 R5W5L5
R5W5E5 R5W5S5 R5W5R5 R5W5W5
W5L5L5 W5L5E5 W5L5S5 W5L5R5
W5L5W5 W5E5L5 W5E5E5 W5E5S5
W5E5R5 W5E5W5 W5S5L5 W5S5E5
W5S5S5 W5S5R5 W5S5W5 W5R5L5
W5R5E5 W5R5S5 W5R5R5 W5R5W5
W5W5L5 W5W5E5 W5W5S5 W5W5R5
W5W5W5

Fig. 2. Three dimensional Laws texture energy kernels (5×5×5).

1) Convolution Computation: Once the three dimensional
kernels are obtained, these kernels can be used to scan across
the 3D volumetric data. In the process, texture features of each
voxel are computed. The final result of the process generates a
set of new 3D volumetric data. The process can be expressed
as the following equation (Equation 1).

g(x, y, z) =

X
2∑

i=−X
2

Y
2∑

j=−Y
2

Z
2∑

k=−Z
2

f(x − i, y − j, z − k)h(i, j, k)

(1)
where f(x, y, z) is the volumetric data with a size of X ×

Y ×Z, g(x, y, z) is a result of convolved volumetric data, and
h(i, j, k) is a convolution kernel (filter).

Figure 3 shows an example of the input 3D volumetric
data and the corresponding convolved 3D volumetric data.
The image on the far left in the figure shows a slice of input
volumetric data which contains two types of texture patterns.
Other images are output images computed by the convolution
process using the three dimensional Laws kernels of a length of
three (3×3×3). Since there are 27 kernels, the same number
of 27 volumetric data items is created. Although the actual
output results show three dimensional volumetric data, the
volumetric data are represented in sliced 2D images and only
some portions of sliced images are shown because of space
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limitation. As shown in the figure, some kernels are able to
separate the data into two parts based on the texture patterns,
and the border of the different patterns is separated by a
plane. (In the case of 2D images, the patterns are separated
by a border line rather than a plane.) In this example, the
kernels ’L3S3L3’ (white color border) and ’L3E3L3’ (black
color border) can separate the volumetric data into two parts
based on texture patterns. This example shows how the three
dimensional Laws kernels can be used for segmenting 3D
volumetric data based on texture patterns.

Input 3D
volumetric

data

E3E3E3 E3E3L3 E3E3S3

E3L3E3 E3L3L3 E3L3S3

E3S3E3 E3S3L3 E3S3S3

L3E3E3 L3E3L3 L3E3S3

L3L3E3 L3L3L3 L3L3S3

L3S3E3 L3S3L3 L3S3S3

S3E3E3 S3E3L3 S3E3S3

S3L3E3 S3L3L3 S3L3S3

S3S3E3 S3S3L3 S3S3S3

Fig. 3. A set of input 3D volumetric data (64×64×64) composed by two
different texture patterns, and 27 sets of output data which are convolved by
the three dimensional Laws kernels (3×3×3). The output volumetric data are
represented in sliced 2D images.

B. Combination of Similar Features

In the Laws energy approach [12] [13], similar features
may be combined. For some texture analysis applications,
directionality of texture patterns may be ignored. In the ap-
proach, kernels that contain identical elements are combined.
For example, the kernels ’L3E3’ and ’E3L3’ are identical if
one of the kernels is rotated in the order of 90 degrees. The
kernel ’L3E3’ can detect vertical patterns, and ’E3L3’ can
detect horizontal patterns. When both kernels are combined
into one single kernel, the combined kernel can detect both
vertical and horizontal patterns. The combined kernels are
rotation invariant in the order of 90 degrees. In the case of
the two dimensional kernel of a length of five, 25 kernels
are reduced to 15 kernels. In the case of the two dimensional
kernel of a length of three, 9 kernels are reduced to 6 kernels.
The reduction for the number of kernels can help avoid the
computation of high dimensional features, which improves
pattern analysis results for certain applications.

The convolved images which are computed from combined
kernels have to be properly weighted so that the entire features
are normalized. For example, features of ’L3E3’ and ’E3L3’
are combined by ’addition,’ and the combined features are
divided by two. This single kernel can be notated by ’L3E3r’,
whereas ’r’ means the kernel has a rotation invariant property.
The computation is represented as Equation 2.

L3E3r = (L3E3 + E3L3) × 0.5 (2)

In the case of three dimensional kernels, a similar approach
can be applied. For instance, rotations for one axis are con-
sidered for the two dimensional kernels, however, rotations
for two axes are considered for three dimensional kernels.
Since there are many elements for three dimensional kernels,
detecting the combination of similar features is done by a
simulation software program. The program rotates the three
dimensional kernels along with the x, y and z axes, and looks
for identical kernels which exist. If the kernels match at least
the directions of two axes, they are combined together. For
example, kernel ’L3L3E3’ matches kernel ’E3L3L3’ when
rotated along the y and z axes, however, kernel ’L3L3E3’
matches kernel L3E3L3’ when rotated along the x axis only.
In these cases, kernels ’L3L3E3’ and ’E3L3L3’ are combined
while kernels ’L3L3E3’ and ’L3E3L3’ are not. Figures 4 and 5
show the simulation program results for a list of the combined
kernels. In the combination processes, the kernels of a length
of three (3×3×3) are reduced to 18 from 27, and the kernels
of a length of five (5×5×5) are reduced to 80 from 125.

By using the three dimensional Laws kernels for the con-
volution computations, pattern features of 3D volumetric data
can be extracted. Once the pattern features are extracted,
the features can be analyzed as to how they are related to
texture patterns by using a statistical technique such as linear
discriminant analysis (LDA).

C. Linear Discriminant Analysis

In our experiments, a database of 3D solid textures is
classified based on their pattern features. For the classifications,

3881



L3L3L3 L3L3E3r L3L3S3r L3E3L3
L3E3E3r L3E3S3r L3S3L3 L3S3E3r
L3S3S3r E3L3E3 E3L3S3r E3E3E3
E3E3S3r E3S3E3 E3S3S3r S3L3S3
S3E3S3 S3S3S3

Fig. 4. Combined kernels (3×3×3). Kernels are reduced to 18 from 27.

L5L5L5 L5L5E5r L5L5S5r L5L5R5r
L5L5W5r L5E5L5 L5E5E5r L5E5S5r
L5E5R5r L5E5W5r L5S5L5 L5S5E5r
L5S5S5r L5S5R5r L5S5W5r L5R5L5
L5R5E5r L5R5S5r L5R5R5r L5R5W5r
L5W5L5 L5W5E5r L5W5S5r L5W5R5r
L5W5W5r E5L5E5 E5L5S5r E5L5R5r
E5L5W5 E5E5E5 E5E5S5r E5E5R5r
E5E5W5 E5S5E5 E5S5S5r E5S5R5r
E5S5W5 E5R5E5 E5R5S5r E5R5R5r
E5R5W5 E5W5E5 E5W5S5r E5W5R5r
E5W5W5 S5L5S5 S5L5R5r S5L5W5r
S5E5S5 S5E5R5r S5E5W5r S5S5S5
S5S5R5r S5S5W5r S5R5S5 S5R5R5r
S5R5W5r S5W5S5 S5W5R5r S5W5W5r
R5L5R5 R5L5W5r R5E5R5 R5E5W5r
R5S5R5 R5S5W5r R5R5R5 R5R5W5r
R5W5R5 R5W5W5r W5L5E5 W5L5W5
W5E5E5 W5E5W5 W5S5E5 W5S5W5
W5R5E5 W5R5W5 W5W5E5 W5W5W5

Fig. 5. Combined kernels (5×5×5). Kernels are reduced to 80 from 125.

Linear Discriminant Analysis (LDA) is applied to the pattern
features. LDA is a popular statistical technique for classifying
objects into groups based on a set of the objects’ features
or patterns. The analysis finds the best linear combination of
features to separate the groups. Figure 6 shows a table of
pattern features and texture categories , and these variables
are analyzed by LDA.

III. EXPERIMENTS AND RESULTS

This section describes (1) experimental data, (2) statistical
learning for texture classifications, (3) discriminant functions
and (4) classification results.

A. Experimental data

A 3D volumetric data synthesis program was implemented
for the experiments. The program synthesizes 3D solid tex-
tures. For the creation of realistic textures [16] [14] [17] [18],
stochastic functions were applied to the program. These func-
tions are referred to as noise and return random values, which
are important for the texture synthesis with natural patterns.
We used the Perlin’s noise function [15] which is one of

Categories features
cloud xc00 xc10 xc20 · · · xcm0

...
...

...
...

...
cloud xc0n xc1n xc2n · · · xcmn

marble xm00 xm10 xm20 · · · xmm0

...
...

...
...

...
marble xm0n xm1n xm2n · · · xmmn

turb. xt00 xt10 xt20 · · · xtm0

...
...

...
...

...
turb. xt0n xt1n xt2n · · · xtmn

wood xw00 xw10 xw20 · · · xwm0

...
...

...
...

...
wood xw0n xw1n xw2n · · · xwmn

Fig. 6. A table of pattern features and texture categories. These variables are
analyzed by LDA.

the important noise functions to synthesize 3D solid textures.
Figure 7 shows four types of 3D solid textures synthesized by
our experimental program. Each 3D solid texture has a size
of 64×64×64. In Figure 7, the 2D slice of each 3D solid
texture is also shown. In the experiments, a database of 3D
solid textures is synthesized, and it contains a total of 200
textures (50 cloud, 50 marble, 50 turbulence and 50 wood).
The texture for a training data set is chosen from the database.
One hundred textures are selected randomly for training, and
the other 100 are for testing. Each 3D solid texture has a size
of 64×64×64, and it took about 10 hours to synthesize 200
textures by using a standard PC (Intel Pentium 4 processor
running at 3.4GHz).

Cloud Marble Turb. Wood

3D

2D

Fig. 7. Four types of solid textures (Cloud, Marble, Turbulence and Wood).
Each 3D solid texture has a size of 64×64×64. The 2D slice of each 3D solid
texture is also shown.

B. Statistical Learning for Texture Classification

For LDA, if there are G groups then it is possible to find
G−1 linear discriminant functions which separate the groups.
In our experimental case, since there are four categories of
textures, three linear discriminant functions are used for texture
classifications.

Figure 8 shows texture data (3×3×3 kernels) on discrim-
inant coordinates, and Figure 9 shows texture data (5×5×5
kernels) on discriminant coordinates. Three discriminant func-
tions are labeled LD1, LD2 and LD3. The labels ’C’, ’M’,
’T’ and ’W’ in the figure indicate types of textures. From
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the figures, the 5×5×5 case has better separation observed
between the four groups ’C’, ’M’, ’T’ and ’W’. In the 3×3×3
case, several overlaps are observed between groups ’M’ and
’W’, which means there are some difficulties for discriminating
between ’Marble’ and ’Wood’ textures when 3×3×3 kernels
are used for these experiments.

LD1
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Fig. 8. Texture data on discriminant coordinates (3×3×3 kernels). Three
discriminant functions are labeled LD1, LD2 and LD3. The labels ’C’, ’M’,
’T’ and ’W’ in the figure indicate types of textures. Several overlaps are
observed between groups ’M’ and ’W’.
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Fig. 9. Texture data on discriminant coordinates (5×5×5 kernels). Three
discriminant functions are labeled LD1, LD2 and LD3. The labels ’C’, ’M’,
’T’ and ’W’ in the figure indicate types of textures.

C. Discriminant Functions

In this experiment, the coefficients of discriminant func-
tions are normalized before the analysis. In such a case, the
coefficients of the predictors can be used for checking which
predictors play an important role. For example, the larger the
coefficient of a predictor of a discriminant function is, the more
important role it plays. Figures 10 and 11 show coefficients of
discriminant functions. In both figures, the top 3 influential
coefficients for each function are marked by a box.

Kernel LD1 LD2 LD3

L3L3L3 -5.5751e-6 -1.6307e-6 -3.6911e-8
L3L3E3r 1.0820e-4 2.5810e-5 -6.3937e-7
L3L3S3r 7.7020e-4 3.7896e-3 -9.0460e-4
L3E3L3 2.6813e-5 -5.0123e-5 -7.0396e-6
L3E3E3r -3.7220e-4 -8.6472e-4 3.9345e-3
L3E3S3r 1.6282e-3 2.7489e-3 -2.6400e-2
L3S3L3 5.4657e-5 1.5080e-3 2.3246e-4
L3S3E3r -8.5172e-5 6.6375e-3 -1.2570e-2
L3S3S3r -1.9470e-3 -5.4264e-2 -1.8391e-2
E3L3E3 1.2532e-3 5.6275e-4 -9.8635e-4
E3L3S3r -2.3214e-3 9.9135e-3 2.3392e-2
E3E3E3 -5.6546e-3 5.7450e-2 1.0377e-1
E3E3S3r 1.8600e-2 -9.6467e-2 -1.3165e-1

E3S3E3 -2.1006e-2 2.4550e-2 9.0034e-2

E3S3S3r -2.5208e-3 4.7784e-1 2.8958e-1
S3L3S3 -8.4180e-4 -3.2878e-2 2.7080e-2
S3E3S3 1.3393e-2 -2.5701e-1 -1.7507e-1

S3S3S3 4.9885e-2 2.4208e-1 -2.8495e-1

Fig. 10. Coefficients of discriminant functions (Kernel 3×3×3)

In the analysis, the eigenvalues can be computed for each
discriminant function. These values reflect the amount of
variance explained in the grouping variable by the predictors.
Figure 12 shows the ratio of the eigenvalues to estimate
the relative importance of discriminant functions. In our ex-
periment, discriminant functions LD1 and LD2 have more
discriminating power for both 3×3×3 and 5×5×5 cases.

LD1 LD2 LD3

3×3×3 0.9633 0.0314 0.0053

5×5×5 0.5403 0.3145 0.1452

Fig. 12. Proportions of eigenvalues for discriminant functions.

D. Classification Results

Figure 13 shows how a set of test texture data is classified
by the discriminant functions which are trained by the training
data set. In the figure, rows represent predicted texture types,
and columns represent actual texture types. A database of 3D
solid textures which mentioned in section 3.1 is examined by
using both 3×3×3 kernels and 5×5×5 kernels. There are
19 textures misclassified for the 3×3×3 case as shown in
Figure 13. Thirty six percent (9/25) of ’Marble’ textures are
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Kernel LD1 LD2 LD3 Kernel LD1 LD2 LD3

L5L5L5 -2.1985e-8 -1.3799e-7 3.5223e-8 L5L5E5r -9.4368e-7 1.5395e-6 -2.3785e-6
L5L5S5r -1.8308e-6 8.6156e-5 2.0813e-5 L5L5R5r 8.1520e-4 1.3760e-4 -2.4649e-4
L5L5W5r -7.5413e-4 -3.5498e-4 -7.7391e-4 L5E5L5 1.1134e-6 -4.8067e-7 -6.3565e-7
L5E5E5r 1.0718e-4 -9.7043e-5 5.9580e-5 L5E5S5r -3.6866e-3 1.0969e-3 9.2422e-5
L5E5R5r -5.6838e-3 2.8091e-4 9.6834e-3 L5E5W5r 9.7665e-3 -8.9527e-3 -2.3582e-3
L5S5L5 -1.2360e-5 2.3419e-5 1.4250e-5 L5S5E5r -7.9898e-4 -7.3161e-4 -2.0656e-3
L5S5S5r 1.2513e-2 6.9376e-3 2.0730e-3 L5S5R5r -9.2103e-3 8.6030e-3 -1.9626e-2
L5S5W5r 2.5871e-2 -3.0833e-2 -1.1286e-2 L5R5L5 -1.8986e-4 8.5179e-5 2.2344e-4
L5R5E5r -6.4493e-3 3.5876e-3 -5.2364e-3 L5R5S5r 1.3943e-2 -1.8250e-2 -1.5138e-2
L5R5R5r -2.0779e-4 5.6776e-3 9.5178e-3 L5R5W5r -6.0488e-3 1.7550e-2 -1.3801e-2
L5W5L5 3.4864e-4 -3.4889e-5 1.0157e-4 L5W5E5r -1.6357e-3 5.5779e-3 -4.2636e-3
L5W5S5r -1.4624e-2 -6.1380e-3 -1.9672e-3 L5W5R5r 3.0230e-2 -1.3936e-2 3.0739e-2
L5W5W5r 5.6894e-3 8.5709e-3 -1.5706e-2 E5L5E5 1.9630e-5 6.5372e-5 8.7073e-6
E5L5S5r -3.5759e-4 -1.1275e-3 -5.3836e-4 E5L5R5r -7.8779e-3 5.2185e-3 4.4154e-3
E5L5W5 -5.8225e-3 5.2641e-3 3.3790e-3 E5E5E5 8.9784e-4 -9.7625e-4 2.1821e-3
E5E5S5r -7.0266e-2 4.0767e-2 -3.0965e-2 E5E5R5r -1.6422e-1 3.0228e-2 -3.7344e-2
E5E5W5 2.2869e-1 1.0641e-3 6.6905e-2 E5S5E5 -4.0061e-2 9.3374e-3 -2.6535e-2
E5S5S5r -7.2514e-1 3.3431e-1 -1.0142e-1 E5S5R5r -1.6477e-1 1.4303e-1 1.5599e-1
E5S5W5 -2.1342e-1 7.3494e-2 -3.0336e-1 E5R5E5 -4.4007e-2 4.1317e-2 -1.0072e-2
E5R5S5r 5.0609e-1 -1.2204e-1 1.6899e-1 E5R5R5r 9.4723e-2 -8.0040e-2 -4.8759e-2
E5R5W5 1.3296e-1 4.0874e-2 -1.6459e-1 E5W5E5 5.3381e-3 -3.3256e-2 -3.9015e-2
E5W5S5r -7.2937e-1 3.8486e-2 -3.4415e-1 E5W5R5r 2.7354e-1 3.3673e-1 1.4752e-1
E5W5W5 7.6959e-1 -2.1540e-1 -3.4238e-1 S5L5S5 2.1216e-2 -6.5030e-3 8.2042e-3
S5L5R5r -6.4432e-3 5.7271e-6 9.7582e-3 S5L5W5r 3.3916e-2 -1.2350e-3 3.4359e-2
S5E5S5 7.8777e-2 -7.9790e-2 4.5442e-2 S5E5R5r 4.4355e-1 -8.5547e-2 1.6908e-1

S5E5W5r -7.0381e-1 5.4953e-1 -5.1056e-1 S5S5S5 1.277759 7.5831e-2 1.150618
S5S5R5r -2.614053 -5.6713e-2 -9.8777e-1 S5S5W5r -1.280188 8.9978e-1 5.2720e-2
S5R5S5 -2.3465e-1 1.1009e-1 -3.5185e-1 S5R5R5r 6.0723e-1 -3.5277e-1 4.9137e-2

S5R5W5r 9.6066e-1 -4.9713e-1 -2.1896e-2 S5W5S5 1.194720 -7.9601e-2 4.0133e-1
S5W5R5r -1.377659 1.1349e-1 1.8229e-1 S5W5W5r -2.622263 -8.1807e-1 -2.158224
R5L5R5 -9.1136e-3 2.8323e-3 -7.4267e-3 R5L5W5r -3.7951e-2 -1.5134e-2 -1.2560e-2
R5E5R5 -3.0764e-1 8.2647e-2 3.0465e-2 R5E5W5r 2.9539e-2 2.6600e-1 1.1096e-1
R5S5R5 4.8630e-1 1.7272e-2 -1.9762e-1 R5S5W5r -1.9386e-1 9.5823e-1 -1.4662e-2
R5R5R5 -2.5731e-1 -6.1084e-3 1.8959e-2 R5R5W5r 9.0572e-1 -2.0080e-1 8.0955e-1
R5W5R5 -8.4387e-2 -1.2882e-1 -2.7541e-2 R5W5W5r 1.587359 8.7106e-2 1.1053e-1
W5L5E5 5.1573e-4 -1.3721e-3 5.5985e-3 W5L5W5 -3.9266e-2 2.3354e-2 1.6825e-2
W5E5E5 -1.4806e-2 6.6912e-2 1.9041e-2 W5E5W5 3.6158e-1 2.5440e-1 4.4309e-1
W5S5E5 -1.6438e-1 -3.8398e-2 5.2633e-2 W5S5W5 -1.788010 1.268289 -3.1313e-1
W5R5E5 -1.6777e-1 2.9319e-2 -1.4372e-1 W5R5W5 -4.2104e-1 2.4430e-2 -1.205343
W5W5E5 1.9595e-1 -1.4422e-1 -3.0602e-1 W5W5W5 2.162967 2.2851e-1 7.3831e-1

Fig. 11. Coefficients of discriminant functions (Kernel 5×5×5; 80 Pattern Features). The top 3 influential coefficients for each function are marked by boxes.
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misclassified as ’Wood’ textures, 4% (1/25) of ’Turbulence’
textures are misclassified as ’Marble’, and 36% (9/25) of
’Wood’ textures are misclassified as ’Marble.’ Therefore, 81%
(81 out of 100) of test textures are classified correctly for the
3×3×3 kernels. As shown in Figure 13, 100% (100 out of
100) of test textures are classified correctly for the 5×5×5
kernels. In our preliminary experimental cases, the 5×5×5
kernels classify 3D solid texture fairly well when the kernels
are used in conjunction with the LDA. It is important that a
sufficient number of the training data sets is used for the LDA
regarding the number of shape features.

C M T W

C 25 0 0 0
M 0 16 0 9
T 0 1 24 0
W 0 9 0 16

3×3×3

C M T W

C 25 0 0 0
M 0 25 0 0
T 0 0 25 0
W 0 0 0 25

5×5×5

Fig. 13. A Classification Rate Table (3×3×3 Laws Kernels and 5×5×5
Laws Kernels). The labels ’C’, ’M’, ’T’ and ’W’ in the figure indicate types
of textures. The 5×5×5 kernels classify 3D solid texture fairly well when the
kernels are used in conjunction with the LDA.

IV. CONCLUSIONS

3D solid textures were analyzed by the extended Laws
texture energy measure approach. Three dimensionally ex-
tended Laws convolution kernels were used for analyzing 3D
volumetric data. Experimental 3D solid textures were synthe-
sized by using a simulation software program. A classification
efficiency of the extended Laws kernels was evaluated. In our
preliminary experimental, 3D solid textures classified fairly
well when the 5×5×5 kernels were used in conjunction with
the LDA.

In our experiments, only four types of 3D solid textures
were used for evaluating the extended Laws convolution ker-
nels. For future experiments, additional solid textures which
contain various patterns will be examined. Also, other sta-
tistical approaches such as a quadratic discriminant analysis
(QDA) will be applied in conjunction with the Laws convolu-
tion kernels for improving classification rates.
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